Math 5330 Final Exam

Name _________ __ __ __ _ _ o ___
1. Use the simplex method to solve
a. max P = 3x; + 625 + 1023
with
211 + 3x9 + 423 < 400
2!13'1 + o + 21’3 S 350

and x1,x9,x3 > 0

b. Find the dual of this problem and set up the nitial simplex
tableaux for this problem, complete with artificial variables. Do
not solve. Which is easier to solve, the primal (a) or dual (b)?
What is the minimum of the objective for the dual problem?



2. In problem 4.2 you showed that the dual of:

maximize c1x1 + ...+ CNTN

with constraints

aary + ... + anzy < by,
Q121 + ... + A, NTN S bk,
g1 + ...+ appNTN = bpg,
apr 171 + ... + Ay NN = bM,
and bounds
T Z 07
N Z 0

was

minimize b1y + ...+ bypyns

with ATy > ¢, and i, ...,y > 0.

Show directly (without using the fact that these problems are duals)
that b7y > ¢’z for any dual feasible y and any primal feasible z. If the
primal problem has an unbounded maximum, what can we say about
the dual problem?



3. Consider the points (0,0), (1,2), (3,1).

a. Find the Ly straight line y = mx + b for these points.

b. Write out a linear programming problem which, if solved, would
give the L; line for these points. It doesn’t need to be in a form
that could be solved by the simplex method, and you don’t need
to solve it. But the constraints should be linear inequalities (or
equations), they should not involve absolute values.

c. Write out a linear programming problem which, if solved, would
give the L, line for these points.

4. What is the order of work for each of the following? Assume all matrices
are N by N and full unless otherwise stated, and assume advantage is
taken of any special structure mentioned.



a. The Jacobi method to find the eigenvalues of a symmetric matrix
A.

b. Solution of Ax = b using Gaussian elimination, if A is tridiagonal
except A;ny and Ay are also nonzero.

One LR iteration, if A is upper Hessenberg (assume no pivoting).
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One LR iteration, if A is tridiagonal (assume no pivoting).

One power method iteration.

= @

. One inverse power method iteration (not the first iteration), as-
suming the LU decomposition from the first iteration is saved.

g. A Fast Fourier Transform, that is, multiplication Az, where A, ; =
exp(i2m(j —1)(k —1)/N).

h. A Slow Fourier Transform, that is, multiplication Ax using the
usual matrix multiplication formula.

i. One Simplex step, for solving max ¢’z with Az < b,z > 0, where
Ais M by N, and N >> M.

j. Solution of Ax = b using Gaussian elimination, if A is banded,
with bandwidth N3.

k. The orthogonal transformation of a full matrix to a similar upper
Hessenberg matrix.

5. Explain how you would find the vector x which minimizes ||Az — b||2,
if you already have the QR decomposition of the M by N matrix A.
The operation count would be O(N®) for what «, if we assume M ~
2N? What would the operation count be if you don’t have a QR
decomposition?



